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For most interesting discussions of the convergence and properties of series having the form
I may refer to memoirs by Frobenius [95] and Bendixson [99, c] . I shall content myself here with pointing out one simple application which is given implicitly by both writers but has been noted again recently by Laurent [103] .
Let /(a) be any analytic function the values of which are given at a series of points pi having a regular point P as their limit. Describe about P as center any circle C within and upon which /(#) is holomorphic, and denote the points pi which fall within this circle by av a,2, • • •. Then lim at. = P. If now » describes the perimeter of the circle and a? is a fixed interior point, the series (1) will be uniformly convergent and consequently permit of integration term by term. Equation (2) therefore gives an expression for f(x) which is valid in the interior of C. This expression shows at once that an analytic function is determined uniquely when its values are known in a sequence of points having a regular point P as their limit. If, in particular, each /(aj == 0, f(x) must vanish identically. In other words, the zeros of an analytic function can not be infinitely dense in the vicinity of a non-singular point. Further, Eendixson points out that the convergence of the right hand member of (2) is not only the necessary but the sufficient condition that /(aj, /(a2)> /(aa)j * • • shall be the values of some analytic function at a set of points a. having a limit point P.
"We turn now to the generalization of the algorithm of the continued fraction. The first investigation on this subject is found inns were made in the construction of the table.
